Towers of Hanoi - interactive web games:
     http://www.dynamicdrive.com/dynamicindex12/towerhanoi.htm
     http://www.mathsisfun.com/games/towerofhanoi.html
     http://www.mazeworks.com/hanoi/index.htm
Towers of Hanoi  - java code:
     http://javascript.internet.com/games/hanoi.html (java - code and images for the online game)
Towers of Hanoi - descriptions:
http://en.wikipedia.org/wiki/Tower_of_Hanoi 
Hanoi - Capital of Vietnam:
http://en.wikipedia.org/wiki/Hanoi
Historical materials:
http://lawrencehallofscience.org/java/tower/towerhistory.html
(originally the "Tower of Brahma" in a temple in the Indian city of Benares)
But it seems that it was actually invented from scratch probably together with the accompanying legend only in 1883 by the French mathematician Edouard Lucas. At least there is no known written record about the puzzle or the legend prior to 1883.
The story was created by the French mathematician, De Parville, in 1884.  (after Lucas)
The De Parville account of the origin from La Nature, Paris, 1884, part I, pp. 285-286.
In the great temple at Benares beneath the dome that marks the centre of the world, rests a brass plate in which are fixed three diamond needles, each a cubit high and as thick as the body of a bee. On one of these needles, at the creation, God placed sixty-four discs of pure gold, the largest disk resting on the brass plate, and the others getting smaller and smaller up to the top one. This is the tower of Bramah. Day and night unceasingly the priest transfer the discs from one diamond needle to another according to the fixed and immutable laws of Bramah, which require that the priest on duty must not move more than one disc at a time and that he must place this disc on a needle so that there is no smaller disc below it. When the sixty-four discs shall have been thus transferred from the needle which at creation God placed them, to one of the other needles, tower, temple, and Brahmins alike will crumble into dust and with a thunderclap the world will vanish.
 The number of separate transfers of single discs which the Brahmins must make to effect the transfer of the tower is two raised to the sixty-fourth power minus 1 or 18,446,744,073,709,551,615 moves. Even if the priests move one disk every second, it would take more than 500 billion years to relocate the initial tower of 64 disks.
http://learningspaces.org/n/papers/towersofhanoi.html  (even before Lucas)
Our story begins, however, not in the 19th century, but in 1550, when the Italian mathematician Girolamo Cardano is said to have written the following about the then mysterious lands of the Far East:
A monastery in Hanoi has a golden board with three wooden pegs on it. The first of the pegs holds sixty-four gold discs in descending order of size - the largest at the bottom, the smallest at the top. The monks have orders from God to move all the discs to the third peg while keeping them in descending order, one at a time. A larger disc must never sit on a smaller one. All three pegs can be used. When the monks move the last disc, the world would end. (Danesi, 2004, p. 109-10)
Lucas made it popular via a "brain teaser" game
The Tower enters modern history in 1883, with mathematician François Anatole Lucas. This was the year that Lucas introduced to the market a simplified, abstracted version of the "towers" in the form of a "casse-tête" (Lucas, 2007), a puzzle, brain teaser or literally, "head breaker." Similar to but simpler than the situation described by Cardano, Lucas' version has three pegs and only eight discs. But the same rules and restrictions apply. Using a vaguely Asiatic, anagrammic pseudonym, Dr. "Lucas D'Amiens" promoted the puzzle as follows: "Amusing and instructive, easy to learn and to play in town, in the country, or on a voyage, it has for its aim the popularization of science, like all the other curious and novel games of professor N. CLAUS (OF SIAM)" (Lucas, as cited in Stockmeyer, 1998). Referencing the original legend with 64 discs, and clearly aware of a precise exponential relationship between the numbers of discs and of the moves required, Lucas offered his customers this challenge:
We can offer a prize of ten thousand francs, of a hundred thousand francs, of a million francs, and more, to anyone who accomplishes, by hand, the moving of the Tower of Hanoi with sixty-four levels, following the rules of the game. (Lucas, as cited in Stockmeyer, 1998)
Underneath, he knowingly added: "We will say immediately that it would be necessary to perform successively a number of moves equal to 18 446 744 073 709 551 615 which would require more than five billion centuries!" (Lucas, as cited in Stockmeyer, 1998)
Graphic of the "brain teaser" game:
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More references:
     http://www.cs.wm.edu/~pkstoc/page_1.html
     http://www.sparknotes.com/cs/recursion/examples/section6.rhtml
     http://www.sdmath.com/hanoi.html
Letter revealing Anagrams of Edouard Lucas
Date: 5 Jan 1995 15:48:41 -0500
From: Anonymous
Newsgroups: local.dr-math
Subject: Re: Ask Dr. Math: on-line math problems
Dear Marie,
   A computer version of the Towers of Hanoi written for Macintosh 
Computers at Forest Lake Senior High in Forest Lake Minnesota 
explains that:
"The familiar tower of Hanoi was invented by the French Mathematician 
Edouard Lucas and sold as a toy in 1883.  It originally bore the name of 
'Prof. Claus' of the college of 'Li-Sou-Stian,' but these were soon 
discovered to be anagrams for 'Prof. Lucas', of the College of 
'Saint Louis'.
   The original description of the toy called it a simplified version of a
mythical 'Tower of Brahma' in a temple in the Indian city of Benares.  
This tower, the description read, consists of 64 disks of gold, now in the
process of being transferred by the temple priests.  Before they complete
their task, it was said, the temple will crumple into dust, and the world
will vanish in a clap of thunder.  The disappearance of the world may be
questioned, but there is little doubt about the crumbling of the temple.
...Assuming the priests worked night and day, moving one disk every 
second, it would take them many thousands of millions of years to finish 
the job."
The programmers at Forest Lake Senior High cite the book "Mathematicl 
Puzzles and Diversions", by Martin Gardner, as their source.  
Is this the same answer your class got for how long it would take to finish?
This all sounds like a terrific project.
                               Elizabeth, a math doctor
The Numeric Pattern:

•
Number of Disks         Number of Moves

•
        1                          1 

•
        2                          3 

•
        3                          7 

•
        4                         15 

•
        5                         31 
 Powers of two help reveal the pattern:

•
Number of Disks (n)     Number of Moves

•
        1                 2^1 - 1 = 2 - 1 = 1 

•
        2                 2^2 - 1 = 4 - 1 = 3 

•
        3                 2^3 - 1 = 8 - 1 = 7 

•
        4                 2^4 - 1 = 16 - 1 = 15 

•
        5                 2^5 - 1 = 32 - 1 = 31 
So the formula for finding the number of steps it takes to transfer n disks from post A to post B is: 2^n - 1.
From this formula you can see that even if it only takes the monks one second to make each move, it will be 2^64 - 1 seconds before the world will end. This is 590,000,000,000 years (that's 590 billion years) - far, far longer than some scientists estimate the solar system will last. That's a really long time!
